Abstract: Phosphorus (P) is an important substance for the growth of phytoplankton and an efficient index to assess the water quality. However, estimation of the TP concentration in waters by remote sensing must be associated with optical substances such as the chlorophyll-a (Chla) and the suspended particulate matter (SPM). Based on the good correlation between the suspended inorganic matter (SPIM) and P in Lake Hongze, we used the direct and indirect derivation methods to develop algorithms for the total phosphorus (TP) estimation with the MODIS/Aqua data. Results demonstrate that the direct derivation algorithm based on 645 nm and 1240 nm of the MODIS/Aqua performs a satisfied accuracy (R 2 = 0.75, RMSE = 0.029mg/L, MRE = 39% for the training dataset, R 2 = 0.68, RMSE = 0.033mg/L, MRE = 47% for the validate dataset), which is better than that of the indirect derivation algorithm. The 645 nm and 1240 nm of MODIS are the main characteristic band of the SPM, so that algorithm can effectively reflect the P variations in Lake Hongze. Additionally, the ratio of the TP to the SPM is positively correlated with the accuracy of the algorithm as well. The proportion of the SPIM in the SPM has a complex effect on the accuracy of the algorithm. When the SPIM accounts for 78%, the algorithm achieves the highest accuracy. Furthermore, the performance of this direct derivation algorithm was examined in two inland lakes in China (Lake Nanyi and Lake Chaohu), it derived the expected P distribution in Lake Nanyi whereas the algorithm failed in Lake Chaohu. Different water properties influence significantly the accuracy of this direct derivation algorithm, while the TP, Chla, and suspended particular inorganic matter (SPOM) of Lake Chaohu are much higher than those of the other two lakes, thus it is difficult to estimate the TP concentration by a simple band combination in Lake Chaohu. Although the algorithm depends on the dataset used in the development, it usually presents a good estimation for those waters where the SPIM dominated, especially when the SPIM accounts for 60% to 80% of the SPM. This research proposed a direct derivation algorithm for the TP estimation for the turbid lake and will provide a theoretical and practical reference for extending the optical remote sensing application and the TP empirical algorithm of Lake Hongze's help for the local government management water quality.
Introduction
In recent years, with the rapid development of the economy, the intensity of land development and human activities is increasing, P emissions from point sources and non-point sources are increasing year by year in China. Lake pollution has been aggravating in the eastern plain lake zone of China [1] [2] [3] . area is 1597 km 2 , and its volume is 3.04 billion m 3 [5] . The lake's average water depth is 1.9 m, and its maximum water depth is 4.5 m [29, 30] . The inflowing rivers of Lake Hongze are located in the western part of the lake, mainly including the Huai River, Wo River, Wei River, and An River. The main upstream river is the Huai River, which is the most important input source of Lake Hongze, and the water inflow into the lake accounts for more than 70% of the total inflow of all rivers into the lake [5] . The average annual temperature is 16.3 • C. Affected by the monsoon climate, Lake Hongze has an abundant rainfall, with an annual rainfall of 925.5 mm, with the amount of precipitation during June-September accounting for 65.5% of the annual precipitation.
According to the survey of domestic scholars, the water quality of Lake Hongze deteriorated significantly after 2012 [5] . First, the rapid urbanization and industrialization in recent years have resulted in an increase in the point source pollution. Additionally, the land use structure changed, the forest land area is reduced, resulting in aggravation of the non-point source pollution. [31, 32] . Then, there are many enclosure culture areas in Lake Hongze, shown as the black mesh in Figure 1 , especially in the west lake region, which is surrounded by local fishermen for breeding, feeds, and fertilizers that can lead to an increase in the nutrients [33] . Furthermore, illegal sand mining activities frequently occurred since 2012, resulting in the rapid increase of the SPM concentration in the lake [34] . The resuspension of sediments induced by mining activities has an important effect on the nutrient concentration of the lakes [35, 36] . 
Field Data and Laboratory Analysis
Four field trips to Lake Hongze were completed on 18 February 2016 (201602), 29 July 2016 (201607), 16 December 2016 (201612) and 25 August 2018 (201808) , and 57 samples were collected from 24 stations (Figure 1 ). An ASD FieldSpec Pro FR (350 nm-1050 nm) was used to measure the spectral reflectance, the measurement process follows the National Aeronautics and Space Administration (NASA) Ocean Optics Protocol [37] . Surface water (depth of 0~50 cm) were collected and stored in the dark and kept cool with ice bags before reaching the laboratory. The sample pretreatment was carried out on the same day. At the same time, the environmental parameters, such as the wind speed, wind direction, and sampling time were recorded.
The samples for TP were acidified with H 2 SO 4 to pH < 1, then the samples were preserved at 2~4 • C. The TP concentrations were determined through a spectrophotometric analysis after the potassium persulfate decomposed [11, 38] . The SPM concentrations were gravimetrically determined from the samples collected on pre-combusted and pre-weighed GF/F filters with a diameter of 47 mm that were dried at 105 • C overnight. The filter was weighed on an analytical balance with a precision of 0.01 mg. SPM was differentiated into the SPIM and suspended particular organic matter (SPOM). The SPIM concentration was measured by burning the organic matter from the filters at 450 • C for 4 h and then re-weighing the filters [30, 39] . The samples for the Chla were filtered by the GF/F glass fiber membrane and stored in the dark. After repeated freezing and thawing with liquid nitrogen three times, the Chla concentration was measured by the acetone extraction and spectrophotometry [37, 40] .
MODIS Data Processing
The MODIS/Aqua Level-1A data for Lake Hongze were downloaded from NASA's archive (https://oceandata.sci.gsfc.nasa.gov/). First, the Level-1A data were processed using the SeaDAS 7.3 to generate the Level-1B data. Next, the atmospheric correction is needed, which is divided into the Rayleigh scattering correction and aerosol correction. Common methods of the atmospheric correction in the inland water include the Management Unit of the North Sea Mathematical Models (MUMM) and shortwave infrared (SWIR). However, the assumption of dark pixels in the MUMM algorithm is invalid in inland turbid lakes, and the low signal-to-noise ratio in the short-wave band leads to the increase of uncertainty in SWIR. Therefore, these atmospheric correction algorithms are mainly used for ocean remote sensing, so that the correction accuracy of the inland turbid water is insufficient [41, 42] . A large number of studies have proved that lake water properties can be estimated successfully by the Rayleigh-corrected reflectance (R rc , dimensionless) [43] , for example, SPM can be estimated by the MODIS R rc in Lake Hongze [5] and Lake Poyang [44] , and Chla can be estimated by the MODIS R rc in Lake Taihu [45] . R rc was derived after correction for the Rayleigh scattering and gaseous absorption effects following [43] :
where λ is the wavelength of the MODIS spectral band, L * t is the calibrated at-sensor radiance after correcting for the gaseous absorption, F 0 is the extraterrestrial solar irradiance, θ 0 is the solar zenith angle, and R r is the reflectance due to the Rayleigh scattering, which was estimated using the 6S radiative transfer code. The corrected image is resampled to a 250 m resolution and then registered using the Geographic Lookup Table geometric correction. The water quality parameters can be estimated by remote sensing after the R rc of each band is extracted according to the coordinates of the sampling points.
Modeling Method and Accuracy Assessment
The direct derivation algorithm was developed according to the following steps: (1) The key OAC of Lake Hongze was determined according to the results of the water properties. In the reference published research, the key OAC characteristic bands were determined; (2) any two characteristic bands were combined according to the addition, subtraction, multiplication, division, and normalization algorithms, and enumerated all the combinations. The correlation coefficients between all the band combinations and TP were calculated. The optimal band combination was selected based on the correlation coefficient; (3) thirty-eight points were randomly selected for modeling, and 19 points were used for verification. The linear, exponential, logarithmic, and power functions were used to fit the TP concentration, and the optimal empirical algorithm was determined.
The indirect derivation algorithm was developed according to the following steps: (1) The key OAC of Lake Hongze was determined according to the results of the water properties; (2) the key OAC concentrations algorithms in Lake Hongze were developed according to the published research, 38 points were randomly selected for modeling, and 19 points were used for verification, the optimal key OAC algorithm is determined; (3) estimating the TP concentration by the empirical relationship between the key OAC and in situ P concentration, 38 points were randomly selected for modeling, and 19 points were used for verification. The linear, exponential, logarithmic, and power functions were used to fit the TP concentration, and the optimal empirical algorithm was determined; (4) step 2 and step 3 were combined to derive the final algorithms, and the algorithms accuracy were evaluated to determine the optimal indirect derivation algorithm.
The determinant coefficient (R 2 ), root mean square error (RMSE), mean relative error (MRE), and Bias were used to evaluate the algorithms accuracy: Table 1 shows the results of the sample measurements. The TP concentration of most of the samples is below 0.2 mg/L, indicating that the lake has not reached a serious eutrophication yet. The Chla concentration was low with a mean value of 14.7 µg/L. In addition, the SPM concentration was high in Lake Hongze with an average of 34.8 mg/L, and the mean value in winter was slightly higher than that in summer. In addition, the proportion of the SPIM in the SPM accounts for more than 70% on average in Lake Hongze. Lake Hongze showed a high SPM and low Chla concentration, indicating that the key OAC of Lake Hongze is mainly the SPM. Since it has been determined that the key OAC of Lake Hongze is the SPM, the band and algorithm are selected directly according to the published research ( Table 2) . MODIS has been applied in the retrievals of OACs in the case-2 waters in China. Since SPM can reflect a near infrared band, and a lot of studies have successfully estimated the Lake SPM concentration through the near infrared band. The main bands for the SPM retrieval from MODIS are the B1 (645 nm), B2 (859 nm), and B5 (1240 nm), and the estimation algorithms are mainly the linear algorithm and exponential algorithm. Table 2 . Estimation of the suspended particulate matter (SPM) concentration using moderate resolution imaging spectroradiometer (MODIS) in the case-2 waters in China.
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Development and Validation of Algorithm for TP Estimation
Since the SPM is the main water-color parameter affecting the optical properties, as well as the key OAC affecting the TP. According to Table 2 , the B1, B2, and B5 nm bands were selected to build the estimation model of the TP concentration. The enumeration method is used to calculate the correlation coefficients of various band combinations and TP. Table 3 shows all of the single-band correlation coefficients and the three band combinations with the highest correlation coefficient. Most of the single-bands and TP are negatively correlated, with the correlation between the 1240 nm (B5) and TP being the best, with a correlation coefficient of 0.53. Many band combinations show significant correlations with the TP, in particular the (B2−B5)/(B2+B5) and TP have the best correlation, with a value of 0.84. A relatively satisfactory correlation is observed between the field-measured and MODIS-estimated TP concentrations ( Figure 2 ). The optimal algorithm was linear, where the R 2 of the training set reached 0.751 (Figure 2a) , and the R 2 of the verification set reached 0.607 ( Figure 2b ). The concentrations are uniformly distributed on both sides of the 1:1 line (RMSE = 0.031mg/L, MRE = 37.584%, Bias = 0.000 mg/L), showing that the algorithm has a low error and can estimate the TP over a wide range. The resulting optimal algorithm for the TP estimation in Lake Hongze is given by: According to Figure 3 , a relatively satisfactory correlation is observed between the field-measured and MODIS-estimated SPM concentrations. The optimal algorithm was found to be exponential, where the R 2 of the training set reached 0.422 (Figure 3a) , and the R 2 of the verification set reached 0.605 (Figure 3b ). The concentrations are uniformly distributed on both sides of the 1:1 line (RMSE = 15.321mg/L, MRE = 22.574%, Bias = 9.461 mg/L). The optimal algorithm for estimating the TP by the SPM was found to be exponential, where the R 2 of the training set was 0.327 (Figure 3c ). The estimation equation of the TP was deduced from the first two equations, and it was found to be a linear algorithm (B2-B5), the R 2 of the verification set was 0.266 (Figure 3d) . In summary, it can find that: (1) Both the optimal direct derivation algorithm and the optimal indirect derivation algorithm choose the B2 and B5, and the linear algorithm. (2) The accuracy of the direct derivation algorithm was significantly better than that of the indirect derived algorithm.
Temporal and Spatial Distribution of TP in Lake Hongze
As the algorithms were calibrated with a significantly wide dataset, representing different quality water conditions according to the seasons, the optimal algorithm could be applied in a time-series of the MODIS image. The seasonal average of the TP concentration from 2016 to 2018 is shown in the Figure 4 . Due to the complex terrain of the enclosure culture area in Lake Hongze, there was often a field or net to isolate the lake area, but it cannot be recognized on the MODIS image. It was obvious that the TP concentration in the enclosure culture area and lake border is abnormally higher than that in the surrounding area. The TP concentration in Lake Hongze was lower than 0.2 mg/L. Due to the rainfall, the lake water level is high in summer and low in winter, so the TP concentration was the lowest in summer and the highest in winter. The spatial distribution characteristics of the TP concentration in four seasons were basically the same, the TP concentration was the lowest in the northern part of Hongze Lake and the highest in the central part. 
Discussion
Based on the results from this study, several important points remain. (1) Is there an underlying mechanism that explains why the direct derivation algorithms perform better than the indirect derivation algorithms for Lake Hongze? What are the disadvantages of the indirect derivation algorithms? (2) Why can empirical algorithms estimate the TP? Can this algorithm be interpreted from the perspective of remote sensing? (3) How is the performance of the algorithm? Will other substances influence the algorithm? How to influence? (4) Can the TP algorithm of Lake Hongze be applied to other lakes? Why or why not?
Why Direct Derivation Algorithms are Better than Indirect Derivation Algorithms in Lake Hongze?
Most studies directly derive the TP estimation algorithm based on reflectance, which shows that the practicability of the direct derivation is better than the indirect derivation, which is consistent with the conclusions drawn in this paper. The reasons for the low accuracy of the indirect derivation include three points: (1) The indirect derivation consists of two steps, first constructing an algorithm for SPM, and then estimating TP by the SPM. In this study, the SPM algorithm is an exponential algorithm, and the SPM and TP relationships are logarithmic. After these two steps, the final algorithm becomes a linear algorithm, which is similar to the algorithm derived directly. Moreover, after two steps, the estimation accuracy will be reduced; (2) the indirect derivation must be based on theoretical knowledge, but the actual situation is often more complicated. TP is not only closely related to the SPM, but also affected by other substances, such as the Secchi depth and Chla [52, 53] . In addition, environmental conditions also affect the spatial distribution of the nutrients, e.g., Silio-Calzada et al. [54] found that the spatial temporal variations of nitrate concentrations mimic those of the sea surface temperature. Therefore, estimating the TP based on the OACs alone may not have a good accuracy; (3) in the indirect derivation process, the selection and combination of the bands is fixed, only for the SPM estimation, not necessarily for the TP estimation. The band combination of the direct derivation is more diverse and flexible, and it is possible to construct an algorithm more suitable for estimating the TP.
Therefore, the indirect derivation algorithm is complex and poor in practicability, so it is difficult to establish a reliable indirect derivation algorithm at present. Although the direct derivation algorithm has a high accuracy, it may be contingent and has poor stability. The rationality of the algorithm is explained by a basic theoretical knowledge, and the analysis of the impact on the stability of the algorithm is the next discussion.
Why the Algorithms can Estimate TP Concentration in Lake Hongze?
The relationship between the TP and SPM is very complicated [55] [56] [57] , with the adsorption capacity of the SPM being different to the TP under various environmental conditions. The TP can be desorbed as a dissolved phosphorus (DP) in the water. However, in most situations, the DP accounts for less than 30% of the TP, leaving more than 70% of the rest in the form of a particulate phosphorus (PP) [2, 58, 59] . Therefore, the P often has a significant correlation with the SPM [60] [61] [62] . The correlation coefficients between the TP and different SPM composition were calculated (Table 4 ). There was a significant positive correlation between the TP and SPM, with a correlation coefficient of 0.53. In particular, the correlation coefficient with the SPIM is the highest, reaching 0.61. Therefore, the key water quality parameters that affect the TP concentration is the SPIM in Lake Hongze. The average concentration of the Chla in Lake Hongze was 14 ug/L, which is much lower than that in other lakes in East China, such as Lake Taihu [17, 45] and Lake Chaohu [63] , which are basically above 20 ug/L. There was no significant correlation between the Chla and TP, and the low Chla concentration in Lake Hongze indicates that P mainly comes from the sediment, not microorganisms. Next, the correlation coefficient between the band combination and different SPM were calculated. The correlation coefficient between the (B2-B5)/(B2+B5) and SPIM is 0.64, higher than the SPM. The main type of SPM affecting the TP concentration is SPIM, which indicates that the (B2-B5)/(B2+B5) can successfully estimate the TP concentration because of its good correlation with SPIM. Although B2-B5 has the highest correlation coefficient with the SPM, its correlation coefficient with the SPIM is low, which indicates why B2-B5 cannot successfully estimate the TP. Therefore, the SPIM is a key substance for the successful estimation of TP. In order to clarify the spectral characteristics of the TP and different SPM, the correlation coefficients between these substances and field measured R rs were calculated ( Figure 5 ), since the noise in the edge region is too large, the 350-400 nm and 900-1050 nm regions were removed [53, 62, 64] . First, the correlation coefficient of the TP is the lowest, the range of 400-550 nm is decreasing, the range of 550-700 nm is increasing, and then it is slowly decreasing. Sun et al. [11] divided the Lake Taihu water into three types (Type 1, Type 2, Type 3) based on the NTD675 water classification method, and calculated the correlation coefficients of TP and R rs in the three types of the water bodies, the trend of Type 2 in their study is consistent with the trend of TP in this study, because the water properties of Type 2 is similar to that of Lake Hongze, the Chla/SPM is lower than 0.5 [65] , Secondly, the trends of TP, SPM, and SPIM are consistent, but the trends of SPOM are obviously inconsistent, which shows that SPOM spectral characteristics are quite different from the SPIM, and the spectral characteristics of Lake Hongze SPOM have little influence on the spectra of other substances, which is one of the reasons why the reflectance can estimate the TP. Finally, the correlation coefficient is the highest in the B2 region in the four bands, indicating that the band is the best band for estimating the SPM and TP. Duan et al. [53] measured the field R rs (350−1050 nm) of Lake Nanhu and found that the R rs of 705-890 nm could reflect the TP concentration. Based on the R rs of 865 nm, they successfully constructed the TP estimation model, which is similar to the conclusion of this paper. Due to the low reflectance of the water body, around 10% of the effective information received by the satellite is from the atmosphere, hence the atmospheric correction is an important part of the water color remote sensing [12, 66] . It is difficult to obtain highly accurate R rs values from satellite images of extremely turbid inland waters due to the complex optical conditions, from elevated concentrations of optically active substances to algal blooms [17, 67, 68] . Since the existing atmospheric correction methods are mainly aimed at relatively clean ocean waters, their applicability is not very appropriate to the study of the inland water quality parameters [5, 66, 69] . According to the conclusions of other researchers, the required algorithm can be constructed only by the use of Rayleigh-scattering correction results [5, 43, 44] , thus there is a lack of aerosol correction for the time being. However, the two bands ratio and normalization algorithm can reduce the influence of the atmosphere [70, 71] . The three band combinations with the highest correlation coefficients listed in Table 3 are all the ratio algorithm and normalization algorithm. The accuracy of estimating the R rc band normalization is critical to develop the TP algorithm, because the input parameters of this algorithm are the two R rc band normalization (B2−B5)/(B2+B5).
Although the P is not an optically active substance, there is a significant quantitative relationship between the TP and SPIM in Lake Hongze. SPM is the key water-color parameter of Lake Hongze, the SPIM accounts for 80% of the SPM, and the normalized algorithm can eliminate the atmospheric impact. Therefore, the (B2-B5)/(B2+B5) algorithm can successfully estimate the TP concentration in Lake Hongze, and it is superior to the indirectly derived algorithm.
How other Substances Affect the Accuracy of the Algorithm?
The concentration and composition of the Chla and SPM will not only affect the optical properties of the lake, but it will also affect the TP concentration [16, 17, 45] . In order to analyze the influence on the accuracy of the algorithm, the substance concentration and ratio was ranked in an ascending order, each 20 samples were divided into a group, with five samples at the intervals. There are only six groups for the Chla and eight groups for the others. The R 2 and RMSE of each group were calculated. The results are shown in Figure 6 . Obviously, with the increase of the Chla concentration, the accuracy decreases rapidly, which indicates that when the Chla concentration exceeds 6.81 µg/L, the optical characteristics of the lakes will change (Figure 6a ). The characteristic band of the Chla is between 600 nm and 800 nm [64, 72, 73] , so it is impossible to estimate the TP concentration effectively when the Chla concentration increases by (B2−B5)/(B2+B5). It is apparent that with the increasing SPM concentration, the accuracy associated with the algorithm also increases (Figure 6b ). When the average concentration of the SPM reached 69 mg/L, the R 2 and RMSE reached 0.784 mg/L and 0.037 mg/L, respectively. We speculate that this is due to the enhancement of the spectral reflection signal with the increasing SPM concentration in the water, hence the estimates are more accurate. However, there is a significant positive correlation between the SPM and TP. It is therefore possible that the increasing TP concentrations lead to the improved R 2 . Therefore, according to the grouping method of the SPM, the accuracy of the algorithm is calculated when the TP/SPM is increased (Figure 6c ). It can be seen that with the increase in the TP/SPM, the change in the trend of the RMSE is not obvious, and R 2 shows a gradual positive trend. The P is classified into the DP and PP, where the PP accounts for about 70% of the TP [2] , microorganisms in the lake water first absorb the biologically active P, which is mainly the DP. This is enhanced when the temperature rises and the microorganisms become more active, leading to the microorganisms absorbing the P more efficiently [74] [75] [76] [77] . Therefore, the increase of the TP/SPM is due to the increase of the P content in the SPM, hence we infer that the increase of the TP content in the SPM, that is, the increase of the PP content, will lead to the increase in the accuracy of the algorithm. The SPM is also divided into the SPOM and SPIM. The Lake SPIM mainly comes from soil minerals and the SPOM is mainly from microorganisms [78, 79] . Although the inorganic P accounts for more than 90% of the TP derived from the soil [77, 80] . Microorganisms absorb the bioactive P in the water, mainly the inorganic P, and convert it into nucleotides, which belong to the organic P. Therefore, the composition of the soil P will change rapidly when it enters the lake. When the proportion of the SPIM in the SPM increases, the microbial concentration decreases. Algae particles, which have a strong influence on the inherent optical properties of a water body, are often important factors affecting the estimation of the water color parameters by remote sensing [17] , thus the accuracy of the algorithm will increase rapidly. However, when the proportion of the SPIM in the SPM exceeds 78%, the accuracy of the algorithm shows a downward trend (Figure 6d) . We speculate that it may be due to the low microbial concentration in the water, such that the DP cannot be absorbed and utilized. The highly-dissolved P concentration, which leads to a poor linear relationship between TP and SPM, will result in an algorithm with a low accuracy. Therefore, when the SPIM accounts for 78% of the SPM, the algorithm has the highest accuracy.
In summary, due to the transformation of TP by microorganisms in the water, the form of the P and the composition of the SPM will also affect the accuracy of the algorithm. The accuracy of the algorithm decreases with the increase of Chla, increases with the increased SPM concentration, as well as with the increased concentration of P in the SPM. The SPIM/SPM has a complex effect on the accuracy of the algorithm, where when the SPIM accounts for 78%, the algorithm achieves the highest accuracy, which then begins to decrease with increasing SPIM.
Applicability of the Algorithm to other Lakes
Lake Chaohu and Lake Nanyi are also located in eastern China. Their climatic conditions are similar to those of Lake Hongze and their water bodies are turbid. The upstream rivers of Lake Chaohu are seriously polluted, leading to the water quality of the lake being poor with frequent algal blooms [22] . Lake Chaohu has become one of the most eutrophic lakes in China [13, 81] . The water quality of Lake Nanyi is similar to that of Lake Hongze, and eutrophication is not as serious as Lake Chaohu, there are no algae blooms in most time of these years. To examine the applicability of the algorithm in Lake Chaohu and Lake Nanyi, a total of 26 synchronous satellite and ground data points for Lake Chaohu were obtained by following the synchronous satellite and ground data matching criteria. The sampling time is 7 December 2016 and 27 April 2017, respectively. A total of 11 synchronous satellite and ground data points for Lake Nanyi were obtained by following the same criteria. The sampling time is 28 October 2018. The sampling and experimental steps refer to Section 2.2. According to the test results, the water quality differences of the three lakes are shown in Figure 7 . Obviously, the eutrophication of Lake Chaohu is the most serious, the TP and Chla concentrations are significantly higher than those of Lake Hongze and Lake Nanyi. The SPIM accounts for 83% of SPM. However, SPIM accounts for 71% and 68% in Lake Hongze and Lake Nanyi, respectively. Obviously, the accuracy of the (B2−B5)/(B2+B5) in Chaohu is much lower than that in Lake Hongze (R 2 = 0.268, RMSE = 0.079 mg/L, MRE = 25.904%, Bias = 0.000 mg/L). Since the water quality characteristics of Lake Chaohu and Lake Hongze are obviously different. It can be seen from Figure 7 that the TP concentration in Lake Chaohu is significantly higher than the Chla concentration in Lake Hongze, with the concentration of the TP in all sites being above 0.1 mg/L, and the proportion of the SPIM in the SPM is more than 80%, the high proportion of the SPIM will lead to a significant reduction in the accuracy of the algorithm (Figure 6d) . The same situation happened in Lake Nanyi, indicating that the (B2−B5)/(B2+B5) is not suitable for the TP estimation of Lake Chaohu and Lake Nanyi (Figure 8 ). The SPM composition of Lake Nanyi is similar to that of Lake Hongze, and the concentration of the TP is slightly lower than that of Lake Hongze. The average concentration of Chla in Lake Hongze is 18.847 ug/L, and that in Lake Nanyi is 17.73 ug/L. The Chla concentration in the two lakes is similar, however, when the Chla concentration is higher than 6.81 ug/L, the TP algorithm of Lake Hongze will decrease rapidly (Figure 6a) , and the lowest chlorophyll concentration of Lake Nanyi will reach 11.243 ug/L. Therefore, the Chla concentration may be considered in estimating the TP concentration of Lake Nanyi. The TP algorithm of Lake Chaohu and Lake Nanyiare developed by the direct derivation. The results show that although R 2 reaches more than 0.5, the points show the bipolar distribution, and the error is large (RMSE = 0.368 mg/L, MRE = 923.807%, Bias = -0.070 mg/L), especially B5 is seriously affected by the atmospheric conditions, so it is difficult to implement the TP algorithm in Lake Chaohu through a simple band combination. At present, there are few studies on the construction of the Chaohu TP estimation algorithm based on the satellite image data, Sun et al. [11] measured the hyperspectral data in the field and divided the water into three categories. They successfully estimated the TP concentrations in several lakes, including Lake Chaohu. As the most eutrophic lake in East China, Lake Taihu is similar to Lake Chaohu. Du et al. [82] used observations from the Global Ocean Color Imager (GOCI) to estimate the TP concentration in Taihu Lake, the algorithm was constructed using the 490, 745, 680 and 865 nm bands. Among them, the 865 nm band is similar to the B5 band employed in this study, with some overlap. The same situation occurred when Chen and Quan [27] estimated the P concentration in Lake Taihu by the use of Landsat images, in which case their algorithm used four bands of the Thematic Mapper (TM). The optical characteristics of Lake Taihu are complicated and are influenced by many substances, since it is extremely eutrophic. When estimating the TP concentration in Lake Taihu, all OACs should be considered comprehensively. However, the optical characteristics of Lake Hongze are mainly dominated by the SPIM, so it is sufficient to use only one band correlated with the SPM. Therefore, in lakes where algal blooms occur frequently, the SPOM will affect the optical properties of the water bodies.
The optimal algorithm was found to be exponential in Lake Nanyi, where the R 2 reached 0.538, RMSE is 0.004 mg/L. The TP concentration in Lake Nanyi can be successfully estimated by the direct derivation, but the bands of the Lake Nanyi algorithm and Lake Hongze algorithm are different. A large number of studies have shown that the Chla not only affects the reflectance, but also affects the TP concentration [45] , and the characteristic band of the Chla is between 600 nm and 800 nm [64, 72, 73] . The central wavelength of B1 in the optimal band combination of Lake Nanyi is exactly 645 nm, and the Chla concentration in Lake Nanyi is obviously higher than that in Lake Hongze, which shows that the algorithm takes into account the Chla concentration in Lake Nanyi. Obviously, (B1-B2)/(B1+B2) not only has a good relationship with the Chla, but also has a significant relationship with SPM, especially the SPIM (Figure 9 ). It proves that if the Lake SPM is dominated by the SPIM, an empirical method can be used to construct an algorithm to estimate the Lake TP concentration. Albert Moses et al. [83] found that there was a significant positive correlation between the ratio of the red band to the infrared band and PO 4 , and successfully constructed a TP algorithm by the red band, which was consistent with the results in Lake Nanyi. Isenstein and Park [20] successfully estimated the TP concentration of Lake Champlain by the red band and shortwave infrared band, indicating that the red band to the infrared band is the main band for estimating the TP. Therefore, when the Chla concentration exceeds a certain threshold, the TP algorithm must take the Chla into account, but the specific threshold determination needs further study. By comparing the results of the three lakes, we can find that the two factors influencing the TP estimation are the composition of the SPM and the concentration of Chla. Therefore, there are two conditions for estimating the TP concentration in the lakes by direct derivation: 1) The proportion of SPIM in the SPM ranges from 60% to 80%; 2) the Chla concentration will affect the band and structure of the TP algorithm.
Conclusions
In this study, it is proved that the direct derivation is superior to the indirect derivation method in estimating the phosphorus concentration in the lakes. An empirical algorithm based on the MODIS/Aqua data was developed to estimate the TP concentration in Lake Hongze. The algorithm constructs a linear model by the B2 and B5 bands, which is the main characteristic band of SPM. In addition, the normalization algorithm can effectively eliminate the aerosol influence. The accuracy of the resulting algorithm is high, with the R 2 of the verification set reaching 0.681, with the RMSE only 0.033 mg/L. Hence, the algorithm could accurately estimate the TP concentrations in Lake Hongze, which is an example of an inland turbid water whose optical characteristics are dominated by the SPM. The TP concentration in Lake Hongze is low in spring and summer and high in autumn and winter. The spatial distribution of the TP in the four seasons is similar. The concentration in the northern region is low and that in the central region is high. Since the algorithm mainly estimates the TP concentration by exploiting the SPM, the applicability of the algorithm under different SPM conditions was analyzed. Due to the transformation of the TP by microorganisms in the water, the form of P and the composition of the SPM will also affect the accuracy of the algorithm. It is found that the accuracy of the algorithm increases with the increasing SPM concentration, as well as when the concentration of P in the SPM increases. However, the SPIM/SPM has a complex effect on the accuracy of the algorithm. When the SPIM accounts for 78%, the algorithm achieves its highest level of accuracy, but then decreases with the increasing SPIM. We also applied the algorithm to Lake Chaohu and Lake Nanyi. It is proved that when the SPIM accounts between 60% and 80% of the SPM, the simple direct derivation can be used to develop a lake TP concentration algorithm. Due to the Chla concentration of Lake Nanyi being significantly higher than that of Lake Hongze, the algorithm of Lake Nanyi includes the B1 band, which is related to the Chla. Based on the algorithms of Lake Hongze and Lake Nanyi, and the results of other researches, the red-to-infrared band has been proved to be the best band for estimating the TP concentration in this kind of lake. 
